
IEtO B ONIAf, H-0JHnl{t{n
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0 cxo$rilocTl{ irEToAA cruraftt-roJur0ril{,tfl Am J'PAErEiMf
sJUU{nMqECtOno TI4nA B nPfli0vmJlbHon oB'lAcf,tt

il'.C.3aarntrosr B.JI. rporxrverro, B.ll.Polrexcrx

leroA cruarfi-roJl.,rotrar${n AJla l@aBHero{I arrllmrqecxopo rrrr& B

irp'lroyronbHoi o6.[acrx o Ha ocHoBe 6xr]6nqecttr{x cnf,alttoB paccna"-
p{BaJrc, E paqe pa6or rrocrraAE{x ,re,r. Ho rortro a [I] norasana cxo-
.rir{Moclb l(oJuoraqlonflono pelterna rt folrroiry B ceroqrrof, Hopre c. B

Ia6ore [2] paccuo[pex Bap{eflr MemAa peoerra sq4aw.0lptue Art
ypaBnero{s [lyaccoxa c llcnorDaoEaflxe B-c[raf,'oB. Brae4exa crctexa
ypaBHeHrfi AJrs 8o(orAelrxB cn am{a, !t npqAnof,€H xtepauroHHlf, amo -
p{r ee perrenxr. Ognaro npr aorasareJrrcrBe E [2] cxonrroc'lx x€tro-
Aa B Hopre ct 0 I 6Era .qo[yqeHa our6(a. B Hactoqe clalra Aaercr
HOBOe AOr(asATerbClBO. cxSua lsccyrtroHr{f, Octanaos 'lofi ra' llo o(o-
${Ioc"b paccMa"prBaarcf, B c^[o], o<1s1.

B $I re.rorexx H€o6xoat{Mrc cEaaeto{r o cxoAri[oclr xHtgpnorrut-
omru 6rrldruecrm clllerlro8 B Holxa q)oc"pa$craa c\o] .B $2 rc-
crrsA!rcrcr cxoAxxocib reloAa clualfi-norrorarrx.

$I. CroAxuoc{'b xHrepmrd.plx 6rqdrqeormx cllrsrfirr.f,
I c^[o]

nycra cr[o] - q)gcrpaHcrBo HeflpeprBxrfi Ha rryEroyrolrnrre
o = [a,bu[crd] fin n[ln f(r,y ). A,n roroprr Brnrnxa

tlt . = suD lr(P) - f(q)l, ,c"[o] ,;:r lP{l^

roxe.ra. Hopra a cl[o] BEOAriCr COOIBOeHXeX

ilr["r10] llrlsl ql + lrl.r1o1.
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llsyuaue cronr oc nulsPnolatrrlr I trIrrlolrorur, o6racfl no

aro, Hop.c xoro IrIDE€cfl larqr re cnoco6orr rar x no Hopre IIpo-
qrpaHclaa o[g] ( . [3])' ompaaca Ha oIFHE{ Ilortpeorloclr xHtcp -
rBrrrln oyrll4ln q$ro[ rcparr.rorof, Ha otposre.

I. lb otpesrc [a,b] s!.trox lDcrqAoBa"erblDclb c€aoft arn: a=

= ro ( tt( rrr( r" = b'
Lr = lsr hr, E= Lla ht x

ByAor paccraql rarb
f(r) c npoxseoArfira t+co

. 06ogna,gr ht= ltr.-rr ,
,rto h" -O nptnro.

rraccu ct+)[?,b], o < r, s 1r Oyflro$rr
nopitu frr'(r) ec^[a,b]. qcrb

fincrrn r(r) na cot-
a. flpr amr Aorrrtrr

t:

n = 1 .2....

3"(f ir) - rldrtDcm, cnrarhr rtrtopnomp!,!4rl
rc Ar. . l.e. eo(r;r.) = t(rt), 1 a or...r
Ernornrrrca rrtca-fl6o n8 rlBsafi ycroEln [3

I. Er(ti rr) . fr(rr), r - o,!i
II. e'(r; r
[. ycrona

r) = t'(-r) , 1 = O,ua

a!n){r: ro) . g(r)1.. r.), n = 1,2;
U. yoroara rrupporocll el(tir) a ylra rr I r,-n.
Ilp aor EpqAEr!!8rci. qlo Flrrcnra !rcro[, rltra t rprc-

rl3rc! trF k:1. E II-nII f :2, alrrl llr Iy rcryr Fa.!r -
soBtlDcf, nF rD6fl r .

Fanr o6oanerrlr

4r(r)y . ru _ -r.:E - 1r(t)1r.;-r(r)1r,) g,
r r' ,r: CFt ,rt+rl

to rq'r LSg rl.rn racro oqaxn

p(')t-) - sj")tt=) llr1.,o3 s bro o(r(r) ) -h:-", r s r. (2)

]'c-

h
eqe e !! l:

06osxaq a.(r) = f(r) - s.(

1r(o){r) - al'){rir)[.1",0, s b",lr(") lcr[",0] 4.^-", != k. (3)

il1:l
. Ara cxoprocsr xo xopc cl[a.u],
{') 101...u3' nrr [ 'o '3secrotreDrAlD, Aocratotlro, qro6H
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crealrer oriaalx"L ,qE oco6oro*rcnr: ro-rDpBtD(, Tar rar qrer6i rrIE -
T3EOAHAA rJdrCeCrOrlO CIUrartrIa pa8pnDlla, tO rra6? csEr pacct.al|Ila -
Barb mJrbFo\ cJr!ruai r s rtn (f P) i ao-alopr, xoli nlr. r = t .8s-
:rr,aora lRlk'lr1",bl olpomtqGfla, to rfi tnrtpo He rcd lrlaeF -
Aarr o ee Maf,ocm npr l- - o. n66r4y Arrec lEco.arlriBa€x cxo -
,lr.rMoc?L no Hopre cta,b] , rle o<p<1.

TEOPEilA I. E c a r r(r)e ct+l[a,u], t. ol,23,x s,(f i r)-
Ky6xuecrxI cnnaill. xH"cptIornpyDqr,
r(r) ,ro npr ycroBf,r o-, \-t =", rraDr
lrecTo oqeHrr
1;r(")1*) - sjo){trr)llon.,o, s ""olr(') lor1.,og4*^-*., (4 )

r s Drr (k,2) ,
P,1e ck! saBxctr roJI 6f,o

jloKA3AlEIILgfm npoBqAeM ne nllrxelr
xperr@rlr orrycrsai) . 06osra,ora
n!,tee[ [ 3]:

lR"(:.) |

I. = Sr(firr), 1 = (x-r.) ,/ b. ,

o ? f,l .
k=2 ( nFl.rc cernl D lta

(6)

s(fir) = f ,(1-t)+f .*rt-a1 lf[o.(t)u.+9"(t)r1.r), r€tr^rr.,,l, (5)

rqe qr(t) = t(1-t)(2-t), o"(t) = t(1-t)(1+t) . Otcpga

s"(f; r) = rr(1-t) + rr+1t

l,r, creaoBa$elDHo,

n,,(x) = r. (r)-fl (l-t)-fl+ rt + [(fi-xr)( 1-t) + (f!.. - r..r)t],
r e [r.,r..rl.

Henocpa.qorrrurr Bur&crexxtor Haxo$x

f.(c) - r" (i)< ltuD
c lr[ri,rr. r ] iie[rr,r.*r1 -I

{ lti.l-ri l+ lrl.lt.l.lfi*r{.., l}.
t

+
r-$
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Tar rax, couacxo (3), nax lf^-1. I s baalf'

loi li-ilshr sf, ,!o
lo\ il

a,bl

lB'(-) l"r1-. *..r, s ol. lr'ls\" pl 
-o^-*

0uerqro, trFr i€[rr_r,rr], ie[r, *..r 1 niar

I, rlbrc to-

(?)

- B'(i)
-il

0qcnra.ua nt(:)

(i) - a,(r
- -.1

.L*

[r'r .

lR'(r. )-R'G)6UD
t.r =? rsP

I lr. -

s 2cl, lf' Ic\a,ul
(8)

Ecrr rs ie[rr,rr.1].iet-.tr..i), ll-tl >2 rro
lR"(f) - B"(i) |

arro 

-S

i,l ll - iltt
2[n" (r)1"

s c:. lf' lcr[.,b];r-p. (s)a
( lr-1-1

0opryrn (7)-(9) rcqaprusalr Ecc Boaxmtn crlrua, r$rcicr t
l*'(")l.{",01 . I{s Hrrr r rs (I), (2) arrcrac (4) r4x !r. k = 2.

o6pasor. fcrD.trbsyf, Qof
xgy nanpana r (3), noryca€i.

la'(r) 161r.,r.*,., = tla"(r) lls1.,u1 i-r'< u"lr'1.1.,o1 ;t'^-*'

,Iprcc, noaopaa paacytla r, upo.q,arumr qf, BEEoAc (8), (9), no-
ryqaor (4) lrF F1 . Torno rar re ruBqlr?cf, oltonra fipt r = o.Oqen-
rr .IIr ,qpyrn cHaqalll k mq^raD"qf, aHeroFruGr o6lBsora.

B cayac, roFna I = o J. , E ac?o r[E6Bpr Jrcrolrn rrne II 6yger
ncnorbaolalb "otccrrrnran tpacam lrcroBri

ei(f; ro) = sl(fi r^) =o. (1o)

lEOPEll[ 2. Ec r r f(r)e cl+l[a,b], L = ol. r ar(f; r )-
ry6r ucc r(r I c ]Ir a f, E, r x ? a p E o .[ r p Jr D q x n
r(r) c yctoBrirr (Io), ro npx ioqrsrr, r<t,
rrxoD! xac!o oqexrr (4).

Aol(A3AlT,llbCIm. llpcqg,e aoaro sa.elrrr qlo rF shp.JrrxpoB.H-
Hrx lrcrolrfi corparn? crry oqatm (3). Illrctr Fo . Torla ra cr-
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^i, l*:t =;f ltt.1.,util .

lloatouy ns Bupa[eHxa n(x) c ycerox (5) srtlera€r H6paBarstm

rR(x) r < suu ilrG) - rG)l +' 'clr[x.,r._rJ q,!€[xr,xt+i]L lt - ilp

.J!{= 1r...-r.t . ,-# tlq(i)-o,{i) 1'
l

+ lo.(t) - e.tt) ll lf lc\.,u, i,

nge i = (! - xr),/hr, -t=(i - x. ) A..3axe.rae, uro

le,(f) - er(;)l : |t - i1 o{I=,1*i(")l = $0.,9,Ie;{t)1,
x yrtr{ruBas oppsxrqerfiocrb Berxqr.rH lol(t)l; rxeeu

i"(*) l.u1*.,..*,,) ' t;o lr l.l1",u.l

:loatopaa renepi pacc5mgexlr, npo.qelalrHue rrlr{ BHBoAe coornouemrl
(L) ir i9), rui:ryuaeu rpe6yer.rHfi lp3yrbrar.

To*o rar re paacl{alpr8aerc, cnlrqaft k=1, ec,lx rcxoAmb x9
EHpofierols 4,rr n'(r).

lEoPEllA 3. E.c Jr n s(fix) n H ! e p n o Jr n p y.e r 0 y H r-
q r.rro i(x)< cl[8,b], k = ol,2r ,r yAoBnerBopser
irpbeeuM. ycnoBtraM oAHo.Fo xa I-Iy rlr-
nob x.trx .(I0), ro

lls('r)tri*).11"1",0, s (1 + 2bkr) [ r(')llc[. ]1. (11.).

AOKA3AIE ILffm {II) a cay,rae rpesBE( ycroBrfl I-IJ xerpp4no
non} ur.b xg HepaB€HcrBa

. gs(")qr:*)l s qs(")1r.;r;-r(")(r)l * lt(")(rll.

crer.u AJIfl onpqAerarorE [apar.clpoB Ir .(cM. [3 , c.Itto]) ,*Ro no-
lr] nTb
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AerlctBxle.lblo, orcmAs, xcnorbsys (2), meer

lls(")(r;r)11"1",o1 s u.,.{r(o)) * 1 r('){r) o1.,01

Yrrnrrnar, u* 51s(o)1 =z[ t(')1ar.,o, , nory,raex (II).
9* pacopgctda Ballr lani€ I cr1ruae rpaeBu( yc:roarfi ( i0) Jun

k = o,1, !&i rar trIIl olox oqeHnr (2) coxpaHmr cfiry. Ecnx k = i,
to (II) ,arro &r! c"r na (6), y,or saf, rurerarqJm rr9 cxctExu r,nt
na;ErlpoB rr orrcnry f lu.l s 3ll r'lbta,bl.

2. B EprroForlt rc o Blqnex flocrqgoBarerExocrb csror A -

= Ai. t A". r rna A.r: " = ,n. ,.a .... t*. lla tanx tj=y *.-"],
crtrx aa. HartanlrBarcct oFl)etlrqotflr ?eftono xe po[a, Ban Ha Earx

hr c3rrr aro, i. = ":t 1,, \ . nlD tr' i {=*".
fmNrcc"ro cntlrhoB 4ayr nqnieronx s".(x,y) 6ygor psccxa"pr-

Bcrb f,ar rdlsolrroa qloxSlqncHr6 nBlrx MHomectB cruarfioB oAHotr no-
P€rttamcn. Triol no&roA onpaAc.rror x nocrarroBr(y aqlgqr xmepnonx -
poBer r [3]: B ylJrex c6rkr an. BrrrrlrnoTca !rc,roalr, xnreprDnfi$x
s".(f;rry) = f(r^rxr) = flr , a Ha ppaHxqa,( trpr oyrorbHlta o
rpaal* ycJroDxi. lls peccuorparurur a [3] xpaeau lrcroBntr Har norpe-
6yancr rx[b ,q,Ba 

"rnb.Bo-napsuc, 9ro n€cf,orlro Bx,qoxsxoteaHue ycloars rrna fl:

D2'osn.(fi r.,Jr) = t[: '") , t=o 'ni J=o, .. .,8;

Do,2so.(f;:.. vr) = r(o,t). i=0,...,D; J=o,E; (L2)

Da'asn.(f;rr,yr) . o , l=o,a; i =o,n,
r, ro-Broprfi ! xpaaBs JtcroEf,tr fltra Iy, rtopAa tpe6]/erct, q.ro6E [po-
xaEoAHE ot'*1..(f ;x,y) r Da'rs..(fi rix), <r = 1,2 , 6ten He-
ntrEpuBrtrr coorDtolrHrlo EAorE txrfln =rt, x = \_t r J = )r r
y = y.-r.

fiorpemrocrl rrr".prnrmlxx R..(r,v) = f(x,y) - sn"(r;x,v) 6y-

aer oqarqDarb B rr.ccar ct*l[ a], cocroqt{x la rfynrqri t(x, y )

rour, qro p"'r(r'f)e cr[o], r+ s - k. fua rpJrJ^reHxn oq.Hor
r1nrcrflr Etfllryr xsroenqo e [3].

Blot L rrqcfl.al. cnr.lid 6"[f(x.J');r] r s.[f(x,v); y] , ro-
rolire rBrm[ca cmaftaifl no oAHof, n6p€ GErof(s"-x, s- - v) ,a apX-
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Fas Eopararoci (cooraetcrsrrlro y i x ) rr?ec! poar napamtp.06o-
SHal!X

rr.(r,y) = f(r,y) - s.tf(r,r)' .1,

rr.(r,r) . r(r,y) - e.[f(r,y);:] .

Torga a..(r.y) xdflo aurcatD B BrlG

R".(!,y) = orn(x,y) + 8.[Er.(r,y);r]. (13)

Bmcraaryc olcq4a n6lta ncrBa

llD! ,R" 
. (r .y) lt { n1 

s llD" ''rr.(r,r) [c*[o] .

+ llD"'sn [tr.(:,r); -1[6qo1 , r!+s s da {ki)' (14)

tBr0"ct rcxo,!,rll.rr ,rrt.a llotJnl.Hrt oqanoi.
lEOPEIA4. ts c ar e..(r; r,y) r B !. pnorr py.!

r(r,y)e ot+rtol , L=2,3r r yAoEr.!BopE.t
rpaa!ur ycroBrir (I2), ro

llD!,'[r(r,v) - a..(t',rrv) ] llr*,o1 r or-. ,.lD'-""1.\ol t

r f,t+r-p-'-' + or-,,. lD"r-t lo^,o, it^-*-"- r r+e s 2, (15)

lA! caB gaErcar torbro o? Elx tra.
tr0;tAAAlEJIbCTm. &rarra.rc o4crcr llD""!.(r,y) lb[ o ] n

ll D" ''38 r(r,y) ;rlllo[o](rqa.rcE cmor D x a qlccr x B Arnul.rho.

orycf,rDtcr) . onopqqxr rHrapnornl,oEalflF t@lrrnEfl cElrl$ar r .q!t!-
{apcr $poBar a no napar."py cpcemrorooor. Ilootory

0".t.(r,v) = D".o(Do'.f(r,r) - s[oo'.r(r,y); r] ). (16)

0uca1qro, oo"r(r,y)e ck+k[a,b] a lrla\a,u) s lrlrllol.
llprxcnaa a (16) qq6xly (3), noayqaax

llD!,.r, (x,y) lictol = 
br_.,,lDr-. "rl"^1ol ** (1?)

Aarcc, nocJreAoBarcJrbro i{cnoJrLsya lcopeuy 3 r oqcnrr .(3), xaxo.qnr
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lD!"sFr(r,y) irl ll61q1=llo"'os1oo 't.(r,r) I rlll"gol s

s(1+Zb,o) llD",.[r(r,y) lbIo] =

<(1+2b!!)br_.,. lD"'t-ot lcr[

Tencpr noryrm oqanrr

lDr"sFr(!,y) i rl lo{ol.
llyctr totam P(i,fl, e(;,il ra&BH, rtlo ili, frI -y . tonna

Arr B.rrrool 1 o"'t"(:,r) lrrrlql

(dl

. (18)

(1s)

n

lD!".tr,(P) - r
lP - qlu

S l. + B,

llle
lD',' [r"(i,i),r"(i,i) ] | - _ lD''' [!.(i'?)4c(i,t) ] |' " - ----T:T1I-'lr-rl

llcno.raslrr lcopany 2. norlnaar

ASc. - _19h-','fl, , olr+r-r"'.. . (2o)
h_. r!, ,C^tQl

06@nac.r 4,(r) = no "[l(r,])-f(r,i) I r Jmrurar oqamr (2),rxccn

B= lp"o[(r)-s(0ir)]l<b ]-.-. .(o("-)) .
17 _ tlr. r-.,r li _ tlr.

nycra ,t+()-)f =1q(t-')1r"1 - *(r-')1x') L rA. rr,r'e[rr,r..rl.
TorlF .(ott-') = lDr-' "[r(xi,fl - f(r" ,r-f(rr ,fl + r(r, ,;fl 1 1,
r EcrpJrArD 8rtr ra. tEo AIr Ary:( Bogro[HDn cr!ruacB: li - tl I
> lr'-rt| r li-tl < lrn-r'l acpna olEa r rarr ortGHBa

I s 2b. lDr-.,.ft , [+r-p-"-. . (21)r-. r!' 'cTal

llu ulpg,norara.rn, trlo ili r il t. Ecrr i=i sr != y-,r ar
rrqatt lolBro JnlD{gllcf,, Ho trlsyrbtat rc ngraHralci.

06trgger (I7), ( I9)-(2I), norlruaer

11o"'.1"(r,v) ll.u,ol = 
ol-. 

,o lDL- ,.*,.^ro, F"^-* e2)
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Axa.[onxrn$ BrrBo,qxtci orlcxtta

llD''..f 1(x,y)lt{al < c;_,,. lD.rf lc1o, i*.^-r-'-, . (23)

j{arcc, a at4cxrHrrx o""s[rr(r,v) xl aprwoxl. r y t.(x,/) no
ycJroBxaM xHrcpnoriqxx oAx" c ltsftcxlD8rlotrrot aHaqaHf,a r Ha cerre
ar . IloomMy, BoB.ropf,f, paccJ6AeHxr, aHarorr{tlHrE npo[eJraflH[ Brug,
mecu

lDr''/s[rr(x,i); i] - s[ni(r,fl; r]]l
/€4)S A + B,

lP-el

. lDE"{strr(x,?) i Il - s[rr(r,]); rl)li;i 
F'

Dr ''s ,-]1.ri(r,y) - t 1(r,t)
- tl',

&:rnqrna A oqcrla8aracf, rryrclr xcnonbaoEal s xcpaBarcrB (4) n
(23). Tan rar Do"rr(r,y) a ar+F[a,b1 i ro nor)nra€x

r < c.,.llo" "r r(, 'v) ll"u1o1 s

s c.,,c;_,,.|D',r-'flcltol f*+r-s-r-r (25)

,IJrr oqcnrr aorr'flHu B flpruexacx roopa.y 3 r (23). Haxo$x

B s (1+2b!!) lD",.1n1r,r) l"rgol s

s (1+2b.,)cl-!,. lD" '"-"f lcrtol 
-rr+r.5rr (26)

lls (24)-(26) r (I8) Boryqa.x oqertrry

llD!,'stTr(r,y); ,lll.qol s c,-.,.1D',k-"f lcr,o, 
-rttl-p"-. tzz)

Tcnepr ytaapr4erue roolrxu Butef,aot rs (I4) x (22)' (2?).
B Aarbn€lheM Hsir mrpe6ycrcs creA!,D4{[ peoyrbtat o florp€lltrro-

ctr npr6arxerua cmallHou s".(f ; r,y) c Fpe8xtlruB ycJroBr8or tf,na
Iy.



Eorr f(r,y)< cl[ o] , ro

. ilf (x,y ) - s,.(f *,y) ltctol s a lf lcriol(;Fil) , (28)

nAa IIOCTOTHHAfi a gAArCri EOtrLrO O? trr, tr2.
Aaf,cranruuro, floBlopir pacc]dAoHrf, , Elx]Ae[alltno llls Aoraga-

Tgrbcl* reopanu 4, HsrpyAxo y6caxrbcfi B cnpaBa,q,rxBocrr orl6tot(
(I?), (I8) Ars k = r = E = O . [loclc amno (28] gutera.t rc (E).

$2. Cxonmocm r€ro.qa crualtrr-rorroraqlr
llsyverare Eorrpoca [poBqg6x Ha rrp.rape aqaaqr Ar1rrxro .q.lf,

Jl,peBHeHrs lllreccoHa B rrprroyrorbHr& o:

r,u ! au = f (r.y) r ul1 = o, (2 9)

t(r,y) e cr-a+\o], k >2 r x BHnorHoxr ycloBxa corraco-trFa oroM
aaun [5]

f(r,y) = o B BeFrxH&y c6.:acrn Q.. (3o)

13 o BBqAxtcr nocreAorarerurocrb c€ror an.. Ha nel lnccxal-
pnBaci. noanpoc"p6r{c"so 6rkJl6nqecrE crualtloB s(a^.). Ero oasnep-
Hocl'b iuD s(a".) = (a+3) (a+3).

llpx6Jurclrroe lrmflra sa[arfl (29) 6!r[6r rcRarb B BrAe cnratfia
s..(r,r) e s(ai.) , !trorrsrBopoqiro npa qxorry JrcloBm

s..(r,v) l, ' o

,{, rpoue Tonor ycJloBlf,{ D','9".(rr,yr) = O, 1=O,D; j=o,u.
Itrorecrao rarxx cuarfioB o6ognartn qepes go(a..). Poccror -

pnir eno capytrlDy. fu.r orono npqAcra r gra{oHrtr ro{orccraa qepeg

Oy4!,ar.6xrarbnm cnxaltrr [3]. Jm, Bo-[€pBrD(, OlllrKqrr 8"(x),
onpe,terqeMlc IlaB€Hcr gerr:

R.(xr) = i'*r, ri(xo) = ri(r.) = o.k = 1,...,D.1i j. = o'...'ni
rr(r,) = o, ri(x.,) = 6ktr, k=o,Di 1'=ori l=o,...r4
(0. 

U - crroo:r :tpouerepa) , a 
"aEG 

Olntnltrtr ir{r) " 
pro"rr.,

F,(i,r) = brr, il(yo) = il(y") = o, 1= 1'...'r-li J = o'...'!i

F,(r,) = o, fltv.) = 6r r i =o,ni J'=o,D; J =0,...,o.



oynr$r rr(r) trlr i{r) ) rlHotrlo-msarrcrnr. Torla rn6ot
cmallr Ercccraa so(an.) lpeAcmBrfiarcr oop.Jro,

an.(r,r) =.!o .1o 
.., r"(x)f.(v), (31)

norasHBqpl, +lo romactro 8o(a..)
ABJrr r[lOfiCCrB pa,gr.eFoctrt Di1 f, D+1

6". = gn.(rr,tr.), k.1....'u{; r = 1,...,!.iti

Er, = D"os..(rr,rr), t = o,ai 1a 1,...'!.{;

trl = Do'as..(8r,r.), t.1,...,4.1i 1- o,!:
Brr =O, t.Otri I=OI.

Iloc.rcgrue pareHcrra t.oEop6r 06 J,r€lGaaqr Falae1ltocts lotfiolra
go(an.) Ha 4 no cpa dnro c trxcroa .ueroe cyronr (3I).

Eyxnpu urla rs".(r,v) o6F3ylt rnoi€crBo rso(a..) 6[ry6x-
qgcf,rx cruarlloa larcr, qto caar orr rl.nDelEEH, llo R q)oil8ql,nE
pasp[IBrlH Ha rrHrE, o6p.ala[I o6rqr ar..

lfuor rcclo
JE[A. CnpaBcArr ao paBcHc? Bo

di! r8o(ar.) = (ad)(n+l) - 4. (32)

A0lt[3A1E IECf,m. [e (3I) ucrycr. co

o"osn.(r,r) . 
,!o .'Io"r, 

tl(r) ft(r). (33)

lhficcrBo 
"anx otn[4l[ rono lrccua?tx6atE rar tatl3otnoa EIDrs -

EaAaHf,e t[lc*lEa ry6rqegrrx clrlaruoB ra ce?ie aa. c 6asf,Gor
(i.(y), r . o,...'u) r lord€c"Er cruafiloE rapEol clanar Il8 c€tia

qTo6Dr y6eAr"Dc, B orollr .q,oc"ato![D mtraSarEr t$o Qllf,Elol
tl(r), k = o r... r a, r8rmlFaci c!!a*l,l.r nsproi croncror, rnH3[-
HO-flagADICrxH i' tar raf, rX qxo,trO COmqAaOr c IlgICFOc"lD IIIDCT-
pascsBa cruarilo8 nspBoi cronafl, !o or o6Pas],D'r a rar 6euc.flpcg-
troJldn rryorx8Hoe, !.s. rrlo orr fi|Hrqfi .lxHelHo-sa4cnr n c!Elcc!-
Blm! roHcaaHru c* , k = o,... '!i He lcc paBHir r!,D rarm ' lao

crb rongoFloc IIPor84A€r a
oootactclaeruo. 3gecr
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.lo".rl,t, = o ,qrt Ec.x r < [a,b]. Ilporxlonppyr oro lEa'rcrto

no r ABa,!,H:

r(r) = i c.F.(t). cx+D.
t=orr

B aex, no onpqAaraEo oy|rrqrfi PL(r) ' tasa, q.ctb paDaa HyrD E

to!Ba:( r=ro r : = rr . Ho mnga r qraBe.f, qacrL nlrnrlaaat B rlloa

EyraBI, aHaqclortr f,, snaroit, noc?oErnue C = D=O. Tar rar fr(r) ,
k = 0,...,a, lxHalfio-rrsaBxc]llrr' lo ps8criclso A(r) =0 rosraorHo
Jlx[b, cc r Eo! qr = o. L. 0,..., a.lbr5nrcmoc ltpo$iBoPctoe .q,o-
BasHBear tpa6ll.tloa cBollcrBo.

Cacgoaarcruro, ra lracrBo {fmun Hln,a (33) mlct paar.Foc"b
( n+l)(q+f) . Taf,ol rc 6!trc[ x pasrotrrroctb uH6.ctBa Qyflrruf, Btqa
oo'asn.(r,r) . ToFAa rrs npe,[creBrcHxf,

rsn.(*,v) = ,!o ,-30.,. ["i{rli, trl . r*(r)i!(v) 1

I paBcHclB 6rr . or k = o,!, 1 = o,r, Brfarta! y'rBI4aKr3 16I-
xu.

lbrog rouomrgt - oto o,q,lrH xs nl,ocnstoruur nctogoa. B coor-
Earcr8rf, c o6qcfi taolf,cn srE r6!o.qoB [6] IIFtdlEOlItoc paafixc
Aorrno ?oqHo yAoBJr?rmpf,la ycJroaxrlt sqg,aw (29) Ha Haro?olDr fto -
HcqxorGptrclr floAntrDc"pancrBa - fipoGrttgrri npocrpancr"a cl1o1 .

Elpcx paccxarpr aar6 3qAary

Pnrrsn.(r,y) . po.r(*,y), s".(r,y) e Eo(a".), (34)'

nnc Pnr- npocEropi iololufi ltalAofl fufinflx rs cl[o] clanrl r co-
otBo[crBrc nmepnolffrr, orll)qlerf,e Hf, qAiHctEatot]ll o61nsor. Ecmct-
BcHH&r l]rrcpnorfirror I Aarfioti cn]rurr aBJrsarcf, 6xrJ/6xqocBri cnref,r,
r.c. Pnr: f(r,y) - S(t: r,y).

Ilpennoaonru, 'rro S(f: x,y) < s(a".) .c!E c[ratfi c lrcroBxafi

"rna 
IV ( $I). A"o nosDorras Bar nHaapnorrlDra"b Hq[n@pcl $pyc -

rE (h/Hrq.prrt l(r,y) e crgol . Pasxepnocrb nHorcc?Ba rarm cruahos
paaxa (ad)(qd).

06oshawv .opcs c|[o1 mlorcctBo 6yH1agn rE cr[ o ] , ygoaret-
EoPsnI[{x llcnoBxf,r (30): t(x!,yj) = Or t = O,!;, J = O,n . TotAa

dlu P".cltol = (a+1) (u/)-4. (3s)

Cnparcg,ar aa ocxoBnaa
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lts (39) rrccu , = i-'p..t. Omo,qa, a crry lono '{ao cyq.cr -
Byar .rErarirutr Ha[popusrun ompa"op L-I , crua& S".(r,y) = r,-?z
ecrb aArtIcrEcEru, aramxr, yAoBra?mPr4I y?r3rDioD ( 34 ) . laroru
o6pcsor, oAnosHaEl8a pasFrrlroc?b rFr6,ra.rrrot sqgaw (31) 6ofta -
sasa. [IoRarcr rcEapb crrpeoalrrrc?b orlar (36). l{g nepasancta
(38) n (40) cr.&yor, t o nop.H llP:: P"-ll onp&fl.r.Hu I coBoE)Ero -
crf, t.a.

li.-jr,.n s lt"-, !:Do, rEro.

J[x .m6ono ersuc6ra 6€ ,so(a"., oasr, i-tr^.e . 6 , uosro-
uy

-z - r = F-'p".r-r = !;i r".<r - s) - (t - s),

flrs^.(r,r) - r(r,r)llo*ro, s -3-[ t - s il.qo!.

Crcrna, aetq,y rq)orssoriroct ararcnla L norytaa\r

!lrs..(r,v) -rflcplcl = #rJBfro".lflr" -6llgu1o1. i4r)

yraluga.fi orpaxrqrritl>crL ompalope L-i ea,fimrqrrr rs o't[i]
ll ro, qro rs..(r,r) e c^[o] , aaxognr

lE(r,y) - s." (r,v) il^*ro,

= lp'1(rs..-ru) ltrrloy i [r-':t llLu-16... ilcFto].

3,!o HapaEa8crBo r*rc c (4I) Aact

llu(r,v) - s..(r,r)ll.no, =#".t{to..) F" - *lt{ol .

&frpan a ircc"- s G?aForE.olorolllfi csralEI, ror.Aa

itus .. s 2lll-t[ [ pz ro(a-s).. 
"-ct[q] 1-cL"

trcuorrsya oqrHir (I5) 6; n:2J ,

,15

ll.no, + iloo "(u-s)lttJ.



llu(r,y) - 
"..G,r) 

lar 
1ol 

s o.i'r-e+t-l . ""-r"-ttl-F
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